Consider the homomorphism @ : kG — kS induced by the group surjection G — G/<(123)> = 2. It iseasy to
see that ker(g) = kG -o', where o = (123) - 1. Since kS ~K[t]/(t? - 1) ~k x kissemisimple, we have J <
ker(@). We claim that J = ker( @) (whereby kG/J ~k x K). For this, it sufficesto check that (123) acts asthe
identity on any left smple kG-module V. Now Vo ={v € V: (123)v=Vv} = 0since o5 = (123)°- 1=0 €kG

implies that o1 acts as a nilpotent transformation on V . It is easy to check that Vp is akG-submodule of V , so
indeed Vo = V. We have thus shown that

J=ker(®) ={x +y(123) + 2(132) + u(12) + v(13) +W(23) : x+y+z=u+v+w=_0}.
and kG/J~k x k
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