
In given case we have that, rad KG = (rad kG) ⊗k K. Therefore,  
(rad KG) ·MK = (rad kG ⊗k K) · (M ⊗k K)= (rad kG ·M) ⊗k K. 
It follows that: M is semisimple ⇐⇒ rad kG ·M = 0 ⇐⇒ (rad KG) ·MK = 0 ⇐⇒ MK is semisimple. 
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