If one ofU, Vs finitely generated, the answer is “yes”. In gahehowever, the answer is “no”, as we can shov
by the following example oveR = Z. TakeU =V = &, Z, wherep ranges over all primes. Let & E :=
Homz(V, V) be the identity map frori to V . We claim that hasinfinite additive order irE (which certainly
implies thatE is not a semisimple Z-module). For any natural nembtake a primg > n. Then
(n-e)@©,...,4,0,..)=0,...,n0,...)=0

if the 1 appears in the coordinate correspondirg,t@hereforen -e=0 € E, as claimed.
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