
Assume, for the moment, that ( ) ( ),g M M g M M⊂ ≠ . Since g  is an injection, 

( ) ( ) ( ) ( )2 2,g M g M g M g M⊂ ≠ . Repeating this argument, we see that ( ) ( ) ( ) ( )1 1,n n n ng M g M g M g M+ +⊂ ≠  

for all n. Therefore, we have a strictly descending chain 

( ) ( )2 ...M g M g M⊃ ⊃ ⊃  

contradicting the fact that M is an artinian module. 
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